Abstract. One of the partition theorems published by I. J. Schur in 1926 is an extension of the Rogers-Ramanujan identities to partitions with minimal difference three. This theorem of Schur is proved here by establishing a one-to-one correspondence between the two types of partitions counted.
Schur's Theorem. Given any positive integer n, the partitions of « into parts congruent to ± 1 (mod 6) are equinumerous with the partitions of n into parts with minimal difference three and difference at least six between multiples of three.
Many proofs of Euler's identity exist, including several which explicitly exhibit the correspondence between the two types of partitions counted (e.g., see [1, §19.4] ). For the Rogers-Ramanujan identities, no such correspondence has been established. The purpose of this paper is to explicitly exhibit a one-to-one correspondence between the two types of partitions counted in Schur's Theorem. What makes the correspondence possible for Schur's identity and not for the RogersRamanujan identities is that Schur's identity is a special case of the following partition theorem in which the parts restricted to certain residue classes are distinct.
Schur's Theorem (Full Generality).
Given positive integers r and m such that r < «j/2, let Crm(n) denote the numbers of partitions of « into distinct parts congruent to ±r (mod m), and let Drm(n) denote the number of partitions of « into distinct parts congruent to 0, ± r (mod m) with minimal difference m, minimal difference 2m between multiples of m. Then Crm(n) = Drm(n) for all n.
The special case given above is r = 1, m = 3. Clearly, DX3(n) counts the partitions of « with minimal difference three, minimal difference six between multiples of three. To see that C, 3(«) also counts the partitions of « into parts congruent to ± 1 (mod 6), the reader is referred to the correspondence proof of Euler's identity given in Hardy and Wright [1, §19.4] . Following the correspondence given there, a one-to-one correspondence between odd parts with no multiples of three (i.e. parts = ± 1 (mod 6)) and distinct parts with no multiples of three (i.e. distinct parts = ± 1 (mod 3)) is easily established.
The correspondence given below will be for Schur's Theorem in its full generality.
Definition. Given positive integers r, m, « and k such that r < m/2, « -mk(k -l)/2 > rk, an r, m underlying partition for n and k, or an underlying partition, is a partition of « -mk(k -l)/2 into exactly k parts, each of which is congruent to 0, ± r (mod m), and such that multiples of m are distinct. (Example: 4, 6, 6, 11, 20, 40, 45 is a 1, 5 underlying partition for 237 and 7.) Lemma 1. There is a one-to-one correspondence between r, m underlying partitions for « and k and the partitions counted by Drm(n) which have exactly k parts. Definition. An ordering of the parts in an r, m underlying partition for « and k, say (ax, a2, . . ., ak), is called an Q-ordering if the following inequalities are satisfied for any i and/, 1 < / </ < k.
(1) a¡ = a-j = 0 (mod m) => a, < ay, In this definition, [A}r (resp. \A~\) is the greatest integer less than or equal to A (resp. least integer greater than or equal to A) and congruent to ± r (mod m). We proceed inductively, and assume that a" a2, . . . , a,_, have been uniquely determined, and that we have used the parts bx, . . . , bs_x, c" .. . , c,_x. Thus a, is either b, or ct. Again by properties (3) and (4) 
